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Abstract I discuss five papers ofWillem van Zwet: [19] , [20] , [13] , [21] and [15] .
I shall begin my discussion of Willem's probability papers with his 1978 paper on the Kakutani conjecture. Willem tells me that this is his favorite paper. I can see why. It is not only a fine piece of mathematics; it also displays very well a common feature of many of Willem's best papers, namely, it begins with a key insight, which lights the way to the solution of a knotty problem.
The full story of Willem's involvement with the Kakutani conjecture appears in the Statistical Science interview of him by Rudy Beran and Nick Fisher (Beran and Fisher (2009) ). Therefore I shall not repeat it here. I met Kakutani in Lunteren in 1984, when he was a speaker and I was a participant. By that time his conjecture was solved. He did not lecture about it and we did not discuss it. On the other hand, I have heard Willem talk about it a number of times at Oberwolfach Meetings and other occasions.
Here is a description of the conjecture and a sketch of Willem's beautiful solu- In van Zwet (1978), Willem devised an ingenious proof of (29.1). Essential to his approach was a stopping time formed as follows: For each integer n ~ 1 let 0 = Vo ,n :::; V1 ,n :::; . . . :::; Vn ,n :::; Vn+ 1 ,n = 1 denote the order statistics of V1 , ... , Vn , and introduce the n + 1 spacings Di,n = ~.n -Vi-1 ,n• i = 1, ... , n + 1. Fort > 0, define the stopping time N1 = min { n : max 1 :Si:Sn+ 1 Di,n :::; t}. We shall write N for the process Nt. t > 0. Notice that N1 is the smallest integer such that all of the subintervals have length at most t. Crucial to his proof was the distributional identity (1) (2) 3) where N(l) , N( 2 ) and V are independent, with N( 1 ) =d N( 2 ) =d Nand V being Uniform (0, 1). The distributional identity (29.3), in tum, leads to differential equations whose solutions give that for some c > 0,
Here is a synopsis of Willem's proof of (29.1). For any It was also necessary to ferret out the underlying process that drives the weak convergence of Un, which they found to be the following: For 0 < t < s < 1 let Setting d = n into these inequalities yields the original KMT inequality. Our result drew a fair amount of interest and has been applied in a number of papers. I note that as of this writing google scholar lists 54 citations to our paper, which is pretty good for a theoretical paper. Rio (1994) has computed values for the constants in (29.8). Later, Castelle, and Laurent-Bonvalot (1998) obtained a similar refinement to the KMT Kiefer process approximation to an.
M. Csorg6, S. Csorg6, Horvath and Mason [Cs-Cs-H-M](1986) had earlier constructed a probability space on which an analog to these inequalities holds with an replaced by f3n (the uniform quantile process). We shall not define f3n in this discussion .
Willem and I did much of the work on our paper during the month of March 1985, while I was visiting him in Leiden. At the time, I was on extended leave from the University of Delaware and was in the middle of the first year of a two year stay at the University of Munich supported by an Alexander von Humboldt stipend.
Our progress was severely hampered by the fact that KMT (1975) had only provided a bare sketch of the proof of their original inequality. We spent an enormous amount of time filling in the missing details. This became an obsession to me. After two weeks in Leiden watching me consumed with this project night and day, my wife at the time got fed up with me and returned to Munich.
Complete proofs are now available. 
On the probability space of Theorem 2, one has Lln,v(1) = Op(l). Vaart and Wellner (1996) ), with a remark that it follows from Talagrand's general empirical process inequality.
Willem and I also published a nice paper on the strong approximation to the renewal process. It was also begun during my Leiden visit. Unfortunately it had a controversial history, which I will not discuss here.
Finally I must say something about the remaining paper in the collection of Willem's papers that are classified as 'probability'. This is van Zwet (1994). In this little gem can be found an elegant solution to the following problem:
Consider n point charges, each with charge 1/ n, in electrostatic equilibrium on the surface S of a conducting sphere. Show that, as n tends to infinity, the distribution of the total charge 1 on S tends to the uniform distribution on S.
Though this is an entirely deterministic result, the proof is probabilistic in nature. I will conclude this discussion with some informative and personal remarks by Will em about the history of this paper:
Let me also say something about the paper classified as 'probability ', to 
